9.3 Integrals of Irrational Functions

905. j +b+C

906. J\/ax+ dX— (ax+b)/+C

907. 22b)«/ax+b +C

J.\/ax+b 3a

908. [xvax+b dx :M(ax+b)% +C

5a
dx 1 |\/ax+b Vb— ac|
909. +C,
J‘(x+c)\/ax+b vVb-ac ‘\/ax+b+\/b ac‘
b-ac>0.
dx 1 ax+b
910. = tan, —— +C,
JA(x+c)\/alx+b \/ac—barcan ac—b
b-ac<0.

911. J,/:ﬁigdx=%\/(ax+b)(cx+d)—

_ ai/_a_tc ln‘\/a(cx+d)+\/c(ax+b)‘+C, a>0.

912. J,/zizdx:%\/(ax+b)(cx+d)—

_ad-—bc arctan a(cx+d)
cvfac c(ax +b)

+C,(a<0,c>0).
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2 2_2
913. JXZ«/a+bx dx:2(8a _1?2:;;:151) X) (a+bx) +C

2(8a” — 4abx + 3b’x? )
914. = NJa+bx +C
'[\/a+bx 15b° amox
915, [— = —=—"In va+bx - */—+c,a>o.

x\/a+bx \/_ «/a+bx+\/;

dx 2 |a+b |

916. =

Ix\/a+bx \/__aarctan| . |+C a<0.

917. J. a- de—w/ia xiib+xi+ a+b arcsm X+b

b+x a+b

918. I arx dx- 1/ia+xib xi— a+b arcst

b

919. J 1+—de:—\/l—x2 +arcsinx +C

1-x

dx X—a
920, [— % _saresin X% +C
'[ (X_a)(b_a) arcsin b_a +
921. I\/a+bx—cx2dx=2cz_b\/a+bx—cx2+
C

b’—4ac . 2cx-b
+————arcsin—+C
8’

\Vb?* +4ac
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922.

923.

924.

925.

926.

927.

928.

929.

930.

+C,

J. ln‘ZaX+b+2\/aiax +bx+ci
Vax?+bx+c¢ \/_

a>0.

1 ax +
J arcsm b\/b2—4ac+C, a<0.
Jax® +bx+c \/_ 4a

2
J.\/x2+a2dx:§\/x2+a2 +%ln‘x+ x*+a’|+C
IXVX +a’dx= x +a )/+C
IXZVXZ +a2dx:§(2x2 +a’ Nxz +a’—
4
—%ln‘x+\/x2+a2 +C
[ 2 2 [ 2 2
Ix—jadx:—x—ﬂﬂn‘x+\/x2+a2 +C
X X
I%ZIH‘X'F‘VXZ'FEIZ +C
, 2 2
J.X—de:\/x2+a2+aln X +C

a+-/x*+a’

\

X

J‘/T Vvx’+a’ +C
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931.

932.

933.

934.

935.

936.

937.

938.

939.

940.

941.

+C

2
a
x*+a —?ln‘x+\/x +a’

X

J.X\/x +a’ a+\/xz+a2
2

J\/x —a’dx = \/x —a —a?ln‘x+\/x2—a2

+C

+C

J.X\/X —a’dx= )/+C

2 2
Jx*-—a . a
'[ dx=+x*—-a’ +aarcsin—+C
X X

[ 2 2 [
I X 2—a +ln‘x+\/x —a’
b

+C
J. dx =ln‘x+ x> —a’|+C
Vx* —a’
dx - =vx*—a’+C
a
2dx X 7 5 a PR
J =5 X —a +71n‘x+\/x —-a’[+C

a
= ——arcsm—+ C

J‘X\/X

1 X—a
=—.| C
'[ x+a)\/x —a® a x+a+
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1 |x+a

dx
942. =—= +C
J‘(x—a}\/xz—a2 alx-a
dx x> —a’
943. =
'[XZ lxz_az a2X +C
dx X
944, I(Xz_aZ)%:_al —— +C

945. I(xz —az)%dxz—g(Zx2 —5a*Wx*—a’+
4

3
+%ln‘x+\/x2 —a’

+C

2

946. I\/a —x*dx = \/a -X +a?arcsm +C

a

947. Ixx/a -x’ ——— )/+C

4

948. I *Val-x*dx = (2x —a’Na’-x2 +%arcsin£+C

a

+C

Ja®—x*
949. dx=+va’—-x*+aln—————
J AL o

. X
—arcsin—+C
a

950.

a’—x’ a’—x’
[ g
X X
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dx
951. J =arcsinx +C
V1-x?
952. J. ——sm—+C
053, [~ __ ooy
X
2 2
954. I xdx _ x a’—x’ +& arcsin=+C
2 a
955. [ Y ot P
(x+a)\/a2—x2 2Va+x
dx 1 ja+x
956. =—— +C
I(x—a)\/az—xz 2Va-x
dx 1 bx +a’
957. = i C,b>a.
I(x+b)\/a2—x2 N arc51na(x+b)+ >a
dx 1 | x+b |
958. = In +C,
J‘(x+b)\/a2—xz Ja’-b’ ‘x/az—bzx/az—x2+a2+bx‘
b<a.
2 2
959. | ij‘ =% .cC
xva’—x ax
4
960. I(az —xz)%dx:§(5a2 —2x?Na? —x? +3%arcsin§+c
a
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